Lecture 4 Division in Integral Domains
ASSTQ*\MEM:" :H-_( Aut MMd{dj @ [/PM
0:q houd \ Me \ Tan
Fr.‘o(qj 9 am— [0 am /Ocw —1 [gm .
MM#(“? Gam —f0am Dam—l/am .
I 2y 2Eer°

N i = delm O

Def fof R & a ring and abcek.
TF oo and b#o ,%m( ab=0 we sy o adb &°

zep AivissA.
T a#o and Ub=0aC = b=C we 5ay the cacellation Ja=
9 2ac 7:@
i Wi — C: /‘lcf”&' (1
Lemna. A ring has no =e dwisen & W/mﬂr hild

Vroﬂy ( =>). Lien . has no z2ds. [ef apcek.
aAb—=ac = ab-ac=0 = g(t_c):——o = b-c<=o =>h=¢C.
A FO (C has 1o 20ls 0
(é—-\ Execg - ab=p =5 ab=aq-o.

Def A commatative cing (with L) D is an sattgml geman

LD ms mw 2ed divisors. (M CAN. cAnL hole).
L z (=]
//hamw. T D 1 an 0% dom.  hen Pﬁxj < an S A,

@06) Z.d' ﬂ)b b—e. /oN—2&rp PDW:HI_S m .Dfi],
ne- deg4a

“d NZo.
o a= 0 Rl S R o 4 e e et Q,#O o
sl e Bt B py, ke b0 AR 10,




b = Onbm R+ Qg 0. ¥ DB
i ne 2.0S-
"0 (D g nd st)
Ta DGO} 0{0@(0\]0): N+mM = pleﬁq —}—ﬂg b.

OMQTS:M avdjacf&ﬁz‘éa‘}'fm m Iat Doms. 23

[et D Rk oan . dm. A noa-z10 element he D 4

a duvigy A aeD i+ Sgeb st o= ba (bt ).

T4 b dvidd n we wete  bla.

Eq In ®MH) 2+ | =) becaust o= e e -
o b Z-

—

Dot Lot abgdeD. g & a gedkst cowin dviss Iy

a and b 14
(1) 5[& ank @‘b (4 i a ammom Auises )

(i) dlot_oad d[b => Alg.  (cmmm oo ) ).
Do geds  exigt in D7 b @[si/\,casj/(g;/\"m‘_—j).
T”\ Z &Cd(‘hb}: 27 = 9% A 1ot wl?@qé

Tn RIX\ gcd (353 L) = XX, Lx, 2%

Ovsesnt 4 q= ﬁcd(a;b) and h:gcd(ajb) 6[9\ an l”lﬁ-
0@(‘ 'Ilwv aleww?s a,beD ace Qgsoc}a"(@S re- a[b awd )OJQ.
We urtl a~b
EQ] L 2.[“2. and —ZIZ H R~-=-2,

Jemma, Let ap€ D wh AF0,b#o The
G~b & a= bu o some unt ne D,

I 2 2= D) ad -le 2



5 2 = (25-(-\) ad —-l€

@f""\ (_:‘5) a~b = ab = b=a-c ﬁlwceD
bla = Q=b-U T some u€D

ab=buw.[d=> @t =GB @
ﬁ __ X 76 Comm . .
= = U is a unit,

(S). G=bu f uauwt = tbla
A=hbuy = a-u‘;(b@_}“:@ o= b.= alb.

Theredod o~ b,

Thesrom. Ta an int. dom. D fo slatmn a~b IS
QA g:{u:wz(wa relation. “Theree ~ faf'p‘.‘r‘fam e
non— zew  element ) D into iat equivealen clesses
(alled  aSSociate  Aasseo.

ﬂwsg 4&3 seh %’ fmégcm /a.//y,‘ofl itk 2 slues~.
é@ C & CQ*.

ES @(x \?Di pmm: @\{Ds %) ?C JC? U fC(JCw“Df U
6Cd(2ﬁ3) *ﬂx+6\ il e ZZ\[ 25643
= 2(zx+3) — (ot %

Dol Let N:D\%) =D be a funciim St N@
edicns A0 canomica] ! as “Standard ! roprbesive frera
N apeate clss wtn a. Let y i DNTOY D Mot
N unt D st a= Al -u@ = Q_@):a/a(a).

T ocd(46)=%2.
ExX: | Z na=lal ad wa@== Q’fgu(ah-
¢ B Ne=( u@=a. 960/( = =1

7 D] Ufar= u( lecefb@) n(= a/u(a).



Eo. (et A= —4x+6
b _ 3

in REY W) =—¢ nw= g =xT27
m 2y u& = ul=-H=-"1 n(a>=-—+‘+-x“5-



